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a b s t r a c t
Recently, analysis of experimental data of heat transfer from submillimeter heaters at different levels of
gravitational acceleration revealed a peculiar behavior of the natural convection Nusselt number (Kostoglou et al. (2011) [4]). In particular, it was found that no natural convection heat transfer appears for Rayleigh numbers smaller than a threshold value in external geometry which contradicts the common belief
that this is possible only in internal (conﬁned) geometry. This issue is studied further herein. Additional
experiments are performed with higher resolution in the parameters’ range and also with other liquids of
varying thermophysical properties to clarify the situation. The analysis of the present data conﬁrms the
ﬁndings of the previous work and leads to a more detailed picture for the relation between Nusselt number and Rayleigh number. The relation found is against existing correlations and existing experimental
evidence in literature (acquired at terrestrial conditions). Numerical simulations of natural convection
in the employed external geometry are performed in order to explain the discrepancy between the
behavior of the present measurements and existing correlations. It seems that the effect of varying gravitational acceleration is rather complex and cannot be accounted simply by a change in the Rayleigh
number.
Ó 2013 Elsevier Ltd. All rights reserved.

1. Introduction
Natural convection is a very important mechanism for heat
transfer from geological scale to micron size systems used in engineering. A large part of the huge literature on the subject refers to
large Rayleigh (Ra) number applications typical for the size scale of
mechanical engineering machinery. Much of the above work is on
special techniques for the treatment of the corresponding mathematical problem amenable to approximate solutions even before
the explosion of the computer power in last decades [1]. The
remaining part of literature refers mainly to chemical engineering
equipment (packed beds) and electronic engineering equipment
(cooling of electronic components) and is also very extensive on
both experimental and theoretical efforts [2,3].
Small Ra numbers are met in systems having small characteristic sizes or/and small temperature differences. Another domain
where small Ra numbers are met is microgravity (space) research
since Ra scales linearly with the value of gravitational acceleration.
For internal (conﬁned or closed domain) geometries it is well
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known that a critical Ra number (below which no natural convection is observed) may exist depending on the speciﬁc geometry.
However, serious deviations have been reported even for such
geometries. For instance, the present authors working with water
and glycerine suggested the existence of a critical Rayleigh number
which is not compatible with the theory for the employed external
(unconﬁned or open domain) geometry [4].
Over the last years, we have been investigating thermal degassing of liquids [5–8] using miniature (submillimeter) heaters. In an
effort to decouple bubble growth from buoyancy effects we did
several experiments in the low gravity environment of parabolic
ﬂights during the 25th, 26th, 35th and 38th European Space
Agency (ESA) Parabolic Flight Campaigns (PFC). However, results
from those experiments displayed a signiﬁcant deviation from theoretical predictions indicating a possible contribution from residual natural convection probably due to the poor low-g conditions
in parabolic ﬂights [9,10].
In an attempt [4] to test this hypothesis, heat transfer experiments were conducted during the 49th ESA PFC in degassed water
and glycerol aiming to investigate the effect of the different gravity
levels (0, 1, 1.6 g) attained during parabolas on the development of a thermal boundary layer around miniature spheroidal
heaters in a quasi-inﬁnite (open domain) geometry. An interesting
result was obtained: a threshold Rayleigh number for natural convection was found below which no contribution to heat transfer
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Fig. 1. Schematic representation of the experimental system: (a) Electrical circuit, (b) Heater geometry and (c) Sample cell geometry.

could be measured. At ﬁrst glance, this is contrary to predictions of
existing heat transfer theories and correlations for external (open
domain) geometries which predict a continuous, progressively
increasing, contribution of natural convection to heat transfer with
respect to gravity (starting from zero gravity). However, it must be
stressed that from a ﬂuid mechanics point of view it was not possible to say if there was natural convection (motion of ﬂuid)
around the heaters. What it was argued is that below a threshold
Ra there was no measurable effect on heat transfer. Yet, to avoid
confusion with the conventional knowledge for closed domains
we adopted the term threshold Ra instead of critical Ra. Interestingly, we were unable to ﬁnd in literature experimental evidence
for very small Ra in external geometries where gravity conditions
were adjustable.
In a further effort to discriminate between the effects of gravity
level and liquid properties on the existence of a threshold Ra, a new
series of experiments was conducted in the 50th ESA PFC [11].
First, a dense matrix of tests with water at different heating powers
was performed as a reference and also as a reproducibility check
with prior PFCs tests. Then, tests were performed with FC-72 (a liquid refrigerant) because of its much lower kinematic viscosity
than water which allows more profound appearance of natural
convection during different g-levels. Finally, tests were also conducted with packed beds and dense suspensions of two size classes
of polystyrene particles in water in order to introduce different degrees of heterogeneity in the liquid phase and therefore examine in
another way the effect of liquid properties. These experiments conﬁrmed that there is a threshold before natural convection appears,
with natural convection being more profound in FC-72 than water.
In addition, closely packed particles suppressed entirely natural
convection but in dense particle suspensions transient convection
currents prevailed.
This work elaborates on the analysis of the raw experimental
data of [11] in order to pursue further insight on the subject. The
present analysis is strictly limited to water and FC-72 data since
the situation is far more complex with packed beds and particle suspensions which are left to examine at a next stage. The structure of
the present work is the following: First, experimental data are presented. Then an analysis of the experimental data is performed. In
doing this the focus is on the steady state temperature of the miniature heater in the microgravity and hypergravity periods attained
during parabolas. From these temperatures an estimation of the
natural convection contribution on heat transfer is made. Finally,
several numerical simulations of the heat transfer problem for a
step change in the heater’s temperature are presented in an attempt
to interpret the experimental results (transient and steady state).

employed miniature spheroidal heater as well as the employed
electrical circuit for heating and the heaters position at the lower
end of the cylindrical sample cell containing the working ﬂuid.
The heater consists of a heat source (orange3 in Fig. 1b) embedded
in a metallic body (blue in Fig. 1b) which is surrounded by a thin
(10 lm) quartz layer.
The temperature and power of the heater can be calculated as
follows. If voltage drop is measured across a reference constant
resistance R1 and Rt is the internal ohmic resistance of heater, then
the current in the circuit is I = Vo/(Rt + R1) and VR at the edges of Rt
is:


V R ¼ V o  IR1 ¼ V o 1 

R1
R1 þ Rt


ð1Þ

Solution of the above equation for Rt provides the resistance value
of the heater. The heater temperature value, Tt, is computed by
inversion of the function Rt(Tt) which is taken from the calibration
of the heater’s resistance against known temperatures. In addition,
the delivered power of the heater, P, is a function of Rt(Tt):


P ¼ V R I ¼ V 2o 1 


1
R1 þ Rt



V 2o
1
1
1
¼
1 þ Rt ðT t Þ=R1
1 þ Rt ðT t Þ=R1
R1
R1
R1 þ Rt



ð2Þ

The power of the heater as a function of the heater temperature is
shown in Fig. 2 for several values of Vo employed in the experiments. Data of the heater temperature, Tt, vs. heating time are displayed for water (Fig. 3a) and FC-72 (Fig. 3b) at different applied
voltages. Measurements start (0 s) during the low gravity phase
and extend in the succeeding hypergravity phase. A typical curve
of the onboard gravitation acceleration (courtesy of ESA) is also displayed in the ﬁgures. The experimental conditions for each experiment are shown in Table 1. Two steady state temperatures are given
in the Table for each experiment. The 1st steady state temperature
corresponds to the value attained at the end of the microgravity
period whereas the 2nd steady state temperature corresponds to
the value attained at the end of the hypergravity period. These temperatures are computed by averaging over a period of 2–5 s to remove the measurement noise. The missing values of the
hypergravity (2nd) steady state temperature in the Table are because in these experiments there was no observable temperature
variation (given the experimental noise) when going from microgravity to hypergravity.
3. Discussion and interpretation of experimental results

2. Experimental results

Experimental results are analyzed qualitatively ﬁrst and then
quantitatively. For both liquids the temperature of the heater

The raw data of [11] for water and FC-72 are employed for the
present analysis. Fig. 1 displays the schematic representation of the

3
For interpretation of color in Fig. 1, the reader is referred to the web version of
this article.
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Fig. 2. Heater energy source strength P vs. heater temperature Tt.

increases fast at the beginning of the heat pulse and slower later
towards an asymptotic steady state value. When the temperature
almost reaches a 1st steady state, the gravitational acceleration
climbs rapidly to a hypergravity value and as a result the temperature drops fast towards a 2nd steady state. At ﬁrst glance, the 1st
steady state value corresponds to heat transfer from the heater to
the liquid by conduction and the 2nd steady state value to heat
transfer by natural convection. The difference between the two
steady state temperatures is clearly due to the onset of natural
convection. For water and low power heat pulses this difference
is essentially zero and increases disproportionally to the difference
between the initial temperature of the liquid, To, and the 1st steady
state temperature, T1ss, (Table 1). On the contrary, for FC-72 the difference between the two steady state temperatures (T1ss  T2ss) is
proportional to the difference (T1ss  To). Since these experimental
ﬁndings do no obey usual correlations for natural convection we
will not directly compare existing theories with experiments but
we will extract ﬁrst from the experiments as much information
as possible.
At steady state the temperature of the heater fulﬁlls the
condition

PðT t Þ ¼ Q ðT t Þ

ð3Þ

where P is the power generated at the heater and Q the heat dissipated from the heater to the liquid. It is noted that the above condition corresponds to a pseudo-steady state since the liquid
temperature increases during heating. An integral heat balance taking into account the heat pulse strength, the duration of the experiment and the volume of the liquid in the cell, reveals that the
average temperature increase in the cell is very low (much less than
0.1 °C) so the pseudo-steady state assumption is valid. The next step
is to estimate the heat dissipated from the heater. At ﬁrst stage only
conduction is considered. The thermal conductivity km of the metallic part of the heater is excessively higher than the thermal conductivity kq of the quartz and of the liquid so the temperature can be
assumed uniform in the inner body of the heater (Tt). The protective
quartz layer of thickness d is thin with respect to the curvature radius of the heater so it can be assumed planar. The heat ﬂux through

Fig. 3. Heater temperature, Tt, evolution for several Vo values (a) water (b).

this ﬁlm is given as (A is the surface area of the heater and Ti its outer surface temperature).

Q 1 kq
¼ ðT t  T i Þ
A
d

ð4Þ

The dissipated heat from the outer surface of the heater can be
found by solving the steady state heat conduction equation. This
is an elliptic partial differential equation of Laplace type that can
be solved analytically in prolate spheroidal coordinates. The analytical solution leads to the following rate of heat transferred from the
heater to the liquid [12]

pﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃ
2
4p a2  b kðT i  T o Þ

1 aþb
Q2 ¼
ln coth 4 ln ab

ð5Þ

where a, b are the large and the small semi-axes of the heater and k
is the liquid conductivity.
Under steady state conditions it should be Q1 = Q2. This
equation can be solved for Ti which is replaced in Eq. (5) to give
the ﬁnal expression for the conduction heat losses of the heater:
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Table 1
Experimental conditions and measured steady state temperatures. To is the initial temperature of the liquid before heating.
Exp. #

Vo (V)

To (°C)

Liquid

Microgravity 1st steady state T1ss (°C)

Hypergravity 2nd steady state T2ss (°C)

1
2
3
4
5
6
7
8
9
10
11
12
13
14
15
16
17
18

9.3
11.3
13
15
19.2
14
13.5
12.5
17
1.4
2.1
2.6
2.3
2.9
3.1
3.3
3.5
3.7

30.8
31.2
31.5
31.6
31.7
31.7
31.8
31.8
31.8
30.5
31.2
31.4
31.4
31.4
31.4
31.4
31.4
31.5

Water
Water
Water
Water
Water
Water
Water
Water
Water
FC-72
FC-72
FC-72
FC-72
FC-72
FC-72
FC-72
FC-72
FC-72

39.5
45.6
53.5
63.8
87.4
58.4
55.6
50.9
75.5
32.3
35.5
38.5
36.6
40.5
42.4
45
47.3
50.2

–
–
52.1
60.8
82.3
56.5
54.1
50.1
70.7
–
34.3
36.1
35.1
37.5
38.6
40.2
41.4
43.4

Q¼

!1


 
ln coth 14 ln aaþb
d
pﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃb
þ
ðT t  T o Þ
2
Akq
4p a2  b k

ð6Þ

where the surface area of the prolate spheroid is computed as:



ab arccosðb=aÞ
2
A ¼ 2p b þ
sinðarccosðb=aÞÞ

ð7Þ

The next step is to include natural convection in the above analysis.
According to literature, the total Nusselt number for heat transfer
from an object to the surrounding liquid in an external geometry
(open domain) is given as a linear combination of the conduction
and natural convection contribution [13]. In fact, in some cases a
generalized non-linear addition is proposed but the suggested
exponents are pretty close to unity leading to a practically linear approach [14,15]. So, Nu = Nucond + Nunatconv. A simple modiﬁcation
leads to Nu/Nucond = 1 + H where H is the ratio of natural convection
to conduction contribution. Employing the above deﬁnition of H
and using equations (2), (3), and (6) the following non-linear algebraic equation arises which must be solved for an equilibrium value
of Tt if H is known or alternatively for H if an equilibrium Tt is
known.




V 2o
1
1
¼Q
1
1 þ Rt ðT t Þ=R1
1 þ Rt ðT t Þ=R1
R1
!1


 
ln coth 14 ln aaþb
d
pﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃ b
þ
ðT t  T o Þ
¼
2
4p a2  b kð1 þ HÞ Akq

due to the temperature dependence of the physical properties
appearing in Eq. (9). The question is at which temperature these
physical properties should be computed in Eq. (9) given that the
temperature around the heater varies from Tt to To? Typical correlations in literature employ weighted averages of Tt and To.
In order to display better the whole possible range of Ra values
as a function of the heater temperature, the parameters are computed at three temperatures (let us call Tc the parameter computation temperature) Tc = To, Tc = Tt and Tc = Tf = (Tt + To)/2. The curves
Ra vs. Tt for the three choices of Tc are shown in Fig. 4 for water
and in Fig. 5 for FC-72 (To is chosen as 31.5 °C to be close to the
present experimental conditions). It is noted that in our previous
work [4] for glycerol as test ﬂuid the Ra numbers were much smaller than those of water. The FC-72 used here has Ra numbers an order of magnitude larger than those of water. Most of the physical
parameters of water and FC-72 are comparable. The difference to

ð8Þ

The crucial dimensionless number accounting for the extent of natural convection in a heat transfer problem is the Rayleigh number
Ra deﬁned as

Ra ¼

q2 cp cbðT t  T o ÞL3
kl

ð9Þ

where q is the density of the liquid, cp its speciﬁc heat capacity, k its
thermal conductivity, l its dynamic viscosity, b its coefﬁcient of
thermal expansion, c the generalized gravitational acceleration
and L a characteristic size of the heater. For the particular case treated here as characteristic size is taken the arithmetic mean of the
two spheroid diameters (L = a + b). It is considered to be a more
appropriate choice than the large diameter considered as L in our
previous work [4]. According to equation (9) Ra increases linearly
with the difference between heater temperature, Tt, and initial liquid temperature, To. The situation, however, is more complex

Fig. 4. Computed Ra number vs. temperature of heater for water using three values
of the characteristic temperature Tc for physical property computation i.e., To, Tf and
Tt.
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the corresponding Ra numbers is due to the thermal conductivity
(lower for FC-72) and thermal expansion coefﬁcient (higher for
FC-72). There is a considerable variation of Ra with Tc for the case
of water (Fig. 4). Yet, taking Tc = Tf in (9) can still lead to quantitative but not qualitative deviations from the theoretically optimal
Ra number arising when taking into account the exact temperature
ﬁeld. On the other hand, the variation of Ra with Tc for FC-72 is
small and the assumption of parameters without temperature
dependence is an acceptable approximation.
In order to proceed to the analysis of experimental data, it is
ﬁrst assumed that during the low gravity period of parabolas the
effect of natural convection (due to g-jitters) is negligible. This
assumption will be tested later in the analysis. According to the
above assumption the 1st steady state temperature, T1ss, is dictated
by conduction and can be found by setting H = 0 in Eq. (8), solving
for Tt and comparing the theoretical and experimental Tt at long
times. A different way is followed here since the focus is on the
study of natural convection. To appraise experimental errors in
the calculation procedure, Tt in equation (8) is assumed as the
experimental one and the equation is solved for the value of conductivity k. The literature value of the conductivity of ﬂuids (computed at Tf) with respect to the temperature Tt and the
corresponding values taken by the above procedure are shown in
Fig. 6. It is noted that the FC-72 conductivity values are shown
multiplied by ﬁve for clarity of presentation. The differences between literature and experimental values are due to experimental
errors (max error less than 1.5%) and they are acceptable for the
purposes of the present work.
The experimental value of conductivity and the 2nd steady state
temperature T2ss, (corresponding to the hypergravity period) are
employed in equation (8) to estimate the parameter H. The values
of H derived in this way are presented vs. the Ra number of the
particular experiment (computed at Tc = Tf) in Fig. 7. For water,
the ﬁndings of our previous work [4] are fully supported by the
new data comprising a denser grid of experimental points. It seems
that the factor H is negligibly small up to a threshold value of Rayleigh number (let us call it Rath) after which it starts increasing
abruptly. It is not sure that the value of H is absolutely zero (no

natural convection at all) for Ra < Rath. There is a probability that
for such a small Ra value the created temperature difference is of
the order of the temperature measurement noise. More important
is the overall shape of the H vs. Ra curve than the local arithmetic
details. The functional form used in the previous work [4] H  0 for
Ra < Rath and H ¼ p1 ðRa  Rath Þp2 is conﬁrmed by the present data.
The best ﬁt for the water data leads to Rath = 40, p1 = 0.01749,
p2 = 0.377 (ﬁt1 in Fig. 7). The presently estimated Rath is different
than in the previous work (Rath = 70) but the difference is superﬁcial and it is due to the different characteristic length used in the Ra

Fig. 5. Computed Ra number vs. temperature of heater for FC-72, using three values
of the characteristic temperature Tc for physical properties computation i.e., To, Tf
and Tt.

Fig. 7. Ratio of natural convection to conduction contribution heat transfer H vs.
Rayleigh number for water and FC-72. Several ﬁtting curves explained in the text
are shown.

Fig. 6. Thermal conductivities of water and FC-72, estimated from the steady state
temperatures of the heater, compared to literature values (computations at Tf).
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number deﬁnition. To urge a discussion below, an alternative best
ﬁt is shown in Fig. 7 obtained by excluding the last (higher Ra)
experimental water point (ﬁt2, Rath = 35, p1 = 0.00975, p2 = 0.52).
While it was expected that the data for FC-72 would be complementary to those of water, their analysis led to surprising results.
The factor H increases very slowly with Ra number. An attempt
was made in Fig. 7 to determine a best ﬁt curve similar to that used
for water (ﬁt3, Rath = 200, p1 = 0.2488, p2 = 0.08). The curve is completely incompatible with the one computed for water (larger Rath
and smaller exponent p2). The best ﬁt curve for FC-72 (ﬁt3) has no
real physical meaning (it is drawn just to check compatibility)
since the ﬂuctuations in the temperature measurements for the
lowest Vo = 1.4 V in Fig. 3b are comparable to the temperature drop
when going from microgravity to hypergravity and so do not permit a safe indication of Rath. The curve ﬁt2 for water approaches
the FC-72 data but its Ra dependence is much higher than FC-72
and ﬁt1, so it does not seem to be a feasible alternative. The different behavior observed for water and FC-72 does not constitute an
inconsistency regarding the existence of Rath since all the data for
FC-72 refers to Ra numbers larger that the Rath computed from
water experiments. In the same way, the glycerol data in [4] refer
to Ra numbers smaller than Rath for water, as would be expected
for H = 0 found for glycerol. So, the experiments for the three test
ﬂuids are consistent regarding the existence of Rath. It must be
emphasized, though, that the curve shown in Fig. 7 to ﬁt the FC72 data is presented only for completeness and by no means suggests that Rath = 200 since experimental noise is substantial for FC72 at low heat powers. In fact, the FC-72 data do not suggest any
speciﬁc value for Rath but still they imply the existence of Rath.
The above direct experimental ﬁndings for the factor H will be
discussed now in view of the existing correlations and experimental results on the subject. The general correlation for H in literature
(derived from the actual correlation between Nusselt number and
Ra, Pr) is

H ¼ CðPrÞRam

ð10Þ

where Pr is the Prandtl number. It is noted that the above correlation refers to an external (open domain) geometry for which even
a negligibly small density difference can create ﬂuid motion, i.e., a
threshold or critical Ra does not exist. The situation is different in
internal (closed domain) geometries where the viscous forces created by ﬂuid recirculation must overcome a lower limit in the density reference for the onset of ﬂuid motion. The discussion here is
restricted to the case of laminar ﬂow (based on the fact that the
maximum experimental value of Ra is around 1000, far beyond
the transition to turbulence limit). The exponent m is usually constant but in some cases a weak dependence on Ra has been proposed [16]. The generally accepted value for m for the region of
Ra treated here is m = 0.25. Several suggested forms can be found
in literature for the function C. A typical one is given in [17]:


1=4
Pr
C ¼ 0:28
0:846 þ Pr

ð11Þ

The exact form of C(Pr) is not really important due to the limited
variation of the function with respect to its argument. All suggested
relations like (11) predict that C does not differ more than 10%
among all liquids (excluding liquid metals).
In general, Pr is a function of temperature. This means that Pr
differs from experiment to experiment in Fig. 7 and the different
than 0.25 exponents found in the best ﬁt curves accommodate
the effect of Pr number. A possible explanation of the gap between
H values of water and FC-72 shown in Fig. 7 could be the difference
in the Pr number of the two liquids. In order to better illustrate this
difference, the Pr number for water and FC-72 vs. temperature Tt is
displayed in Fig. 8 (To = 31.5 °C). In any case, the variation of the

Fig. 8. Variation of Prandtl number with heater temperature Tt (properties taken at
Tf).

function C among the FC-72 experiments is less than 1% and among
water experiments less than 4%. Also the difference of parameter C
between the two ﬂuids does not exceed 6%. The above shows that
Pr variation (based on existing theories) cannot explain the nontypical behavior shown by the present experimental data. Another
important aspect of the present experimental evidence is the existence of a threshold Rayleigh number which is not compatible to
equation (10) that predicts a ﬁnite contribution of natural convection for any value of Ra.
A discussion on the validity of literature Eqs. (10) and (11) is
imperative here in order to assess the source of discrepancies.
Eq. (10) has been veriﬁed extensively against numerical simulations and against experimental data [16]. A literature survey reveals that most of the experiments for external natural
convection were performed in air (e.g. [18]). The experiments in
water were typically performed in a Ra range with larger values
than those examined here (e.g. [19,20]). The experiments in liquids
in the range of physical parameters examined here seem to be limited [16]. Nevertheless, we are not aware of any literature report
claiming that something much different than equation (10) holds
for different physical parameters than those experimentally tested.
On the other hand, the experimental data taken here are very consistent. The experiments are reproducible, the whole set-up is simple in conception and its components have been tested carefully.
The good prediction of the thermal conductivity of liquids in
Fig. 6 at low gravity conditions (only conduction present) is a stringent test for the correctness of the measuring approach. The main
aspects of the experimental ﬁndings (e.g. existence of Rath and difference between water and FC-72) can be observed directly at the
recorded temperatures without any further quantitative analysis.
We stress here that to our knowledge this is the only experimental study of this type (studying heat transfer around miniature
heaters with varying gravitational acceleration) and this allows
independent estimation of the conduction and natural convection
contributions. In terrestrial conditions, heat transfer begins with
a heat pulse which initiates natural convection and makes the
independent assessment of the two heat transfer contributions
impossible. The different approach of the present study to suppress
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the natural convection contribution at low g conditions may be (at
least partially) the reason for observing a different behavior than at
normal gravity.
The assumption of ignoring the g-jitters on the analysis for the
1st steady state temperature, T1ss, is discussed now. Literature correlations (like Eq. (10) with m = 0.25) for an average value of g-jitters of ±0.01 g predict an important contribution of natural
convection, i.e., T1ss is not dictated only by conduction. Scaling
equation (9) for g-jitters shows that Ra never exceeds 5. This value
is in any case much smaller than Rath = 40 found here and this is a
conﬁrmation based solely on experimental evidence that during
the 1st steady state period only conduction heat transfer is present.
4. Numerical simulations
4.1. Problem set-up
Some theoretical aspects of the problem, based on the results of
simulations for conditions similar to the experimental ones, are
discussed here. These simulations give the opportunity to assess
some scenarios for the discrepancy between the experimental results and the correlations described in the previous section. More
speciﬁcally, selected experiments covering the whole range of Ra
number of the data will be simulated. There are three goals in
doing this. (i) To understand better the structure of the temperature and velocity ﬁelds in the experimental cell shown in Fig. 1
(information inaccessible experimentally). (ii) To challenge the
hypothesis that the appearance of a threshold Ra is due to the ﬁnite
size of the experimental cell. This might be a possible explanation
since the external geometry in the scale of the heater is internal in
the scale of the cell. (iii) To assess the dynamics of natural convection onset in order to understand the evolution of the experimental
temperature during the transition from microgravity to
hypergravity.
The temperature dependence of the liquid’s physical properties
is not crucial for the purposes of the present study so they can be
assumed uniform in the solution domain with their value corresponding to the ﬁlm temperature, Tf, in each case. The advantage
of this assumption is that combined with the conditions e1(=bDT)  1, e2(=ah/(L2cpDT))  1 (symbols ah, cp stand for the thermal diffusivity and speciﬁc heat capacity of the liquid, respectively)
that are fulﬁlled in the present experiments, the Boussinesq
approximation can be employed [21]. This approximation is employed in the majority of natural convection studies. There are
many numerical studies on external geometries in literature (transient or steady state) (e.g. [22]). Many studies refer to thin boundary layers around objects (large Ra number) for which the
mathematical problem can be considerably simpliﬁed [1]. In the
present case such a simpliﬁcation is not possible because thick
boundary layers (small Ra number) are of interest [23,24].
A speciﬁc aspect of the present problem is that the geometry is
external with respect to the heater but it does not extend to inﬁnity. In fact, it is restricted from the cell walls at a scale much larger
than the scale of the heater. It is useful to nondimensionalize the
problem before solving it. All variables having units of length are
normalized by the characteristic size L, the velocity ﬁeld is normalized by the natural convection characteristic velocity Ub = (cLbDT)0.5, pressure is normalized by qU 2b , time is normalized by
L/Ub and the dimensionless temperature F is given as F = (T  To)/
(Tt  To). Transient simulations for an instantaneous increase of
the heater temperature from To to Tt are performed here, so Tt is
considered to be constant in time. The governing equations have
the form [25]:

@~
u
þ~
ur~
u ¼ rP  F~
eg þ ðPr=RaÞ1=2 r2~
u
@t

ð12aÞ

@F
þ~
urF ¼ ðPrRaÞ1=2 r2 F
@t
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ð12bÞ

u is the velocity vector and ~
eg is a unity vector in the direcwhere ~
tion of gravity. The boundary conditions is zero velocity on the heater and on the cell walls, no heat ﬂux on the cell walls and F = 1 on
the heater walls. The initial condition is F = 0 everywhere. A ﬁnite
element discretization is used with a grid density increasing towards the region of heater. Results from ﬁve cases are shown here.
Cases 1 and 2 correspond to the conditions of experiments 18 and
12 for FC-72 and cases 3 and 4 correspond to the conditions of
experiments 9 and 2 for water. Case 5 is under the same conditions
as case 1 but the initial temperature ﬁeld is not uniform everywhere
with F = 0. The initial condition for case 5 is a fully developed thermal ﬁeld around the heater in the presence of conduction alone (i.e.,
F = 1 on heater wall, Ra = 0).
4.2. Effect of geometry
The simulations revealed the different way between natural
convection and pure conduction, by which the cell temperature increases. In both cases a pseudo steady state temperature proﬁle is
established around the heater. Heat is transferred uniformly in the
liquid volume in case of conduction. The situation is different in
the case of natural convection in which heat is convected by the
velocity ﬁeld and is transferred to the top of the cell so heating
of the liquid starts from the top of the cell and moves downward.
The simulations performed here reproduce the complicated
dynamics described in literature for the case of sphere geometry
[22]. In a previous work [4] the ﬁnite cell size has been suggested
as a possible source of the discrepancy between experiments and
correlations based on the results of [23] for the velocity ﬁeld. In order to check this argument several simulations are performed for
decreasing cell diameter until an inﬂuence on the Nu number appears. This inﬂuence appears for a cell diameter much smaller than
the actual one proving that the cell size does not inﬂuence the heater dynamics. It is noted that the results presented here are for a
cell size 10 times smaller than the actual one (in each direction)
having the same temperature ﬁeld with the actual cell size but a
different velocity ﬁeld. This choice is made for a better description
of the velocity proﬁle (recirculation zone).
The steady state isotherms around the heater for case 1 are
shown in Fig. 9. The extent of the temperature ﬁeld in this case
is comparable to the heater dimensions. The isotherms are compressed at the one side and expanded at the other side of the heater
due to the ﬂuid motion. The steady state temperature proﬁles at
the horizontal plane passing from the centre of the heater are
shown in Fig. 10 for cases 1–4 (r is the dimensional radial coordinate). The extent of the temperature ﬁeld increases as Ra number
decreases (as case # increases) but in any case the temperature
ﬁeld does not interfere with the cell walls. The evolution of the
temperature proﬁles in Fig. 10 is rather simple: the proﬁle penetrates into the liquid up to the steady states shown in the ﬁgure.
A different evolution path is followed in case 5 for which the initial
proﬁle corresponds to conduction so the extent of the temperature
ﬁeld is reduced in time toward the steady state which is the same
to that of case 1 (Fig. 11). The way of approaching the steady state
leaving a tail of slowly reducing temperature, is noteworthy. From
Fig. 11 it is apparent that the cell walls do not interfere with the
temperature ﬁeld even in the case of pure conduction (thickest
possible temperature boundary layer). The gravity direction velocity component on the equatorial plane of the heater is shown in
Fig. 12. The velocity magnitude is of the order of mm/s. The velocity starts from zero at the wall, goes through a maximum value, reduces down to zero and then changes sign due to recirculation,
goes through a minimum and ﬁnally reaches zero value at the cell
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Fig. 10. Pseudo-steady state normalized temperature F proﬁles on the equatorial
plane of the heater vs. normalized distance from the heater wall.
Fig. 9. Steady state isotherms around the heater for case 1 (the isotherms
corresponds to the following values of F in increasing distance from the heater:
0.9, 0.8, 0.7, 0.6, 0.5, 0.4, 0.3, 0.2, 0.1, 0.05).

wall. Increasing the radius of the cell has negligible inﬂuence on
the upward velocity proﬁle but a considerable effect on the downward velocity proﬁle which gets broader and with a smaller depth
of the minimum. The temperature ﬁeld is mainly inﬂuenced by the
velocity ﬁeld close to the heater and this is the reason that the cell
size (for cells larger than this shown here) has no inﬂuence on heat
transfer characteristics.
The steady state proﬁle of the normal derivative @@F~n (proportional
to local heat ﬂux) along the surface of the heater from its lowest to
its highest point is shown in Fig. 13. The heat ﬂux increases as Ra
increases (as case# decreases). The characteristic shape of the
curves is due to the combination of natural convection (heat ﬂux
rises from the lowest to the highest points of the heater) and conduction (heat ﬂux rises at both tips of the heater due to increased
curvature). In case 4 the increase of the conduction contribution
leads to loss of the monotonicity of the heat ﬂux curve.

4.3. Natural convection dynamics
The evolution of the instantaneous total Nusselt number for
cases 1–5 is presented in Fig. 14. In cases 1–4 the Nusselt number
exhibits a singularity at zero time because of the temperature jump
of the heater surface. This singularity is due solely to conduction.
The natural convection contribution increase in time and the combination of the two mechanisms leads to a minimum in Nu evolution curves before the establishment of steady state for cases 1–3
(this behavior is well known in literature e.g. see [13]). The Nu
number in case 5 starts from its pure conduction value (the value
found here is conﬁrmed by comparison with tabulated values from
literature), then continues increasing and after a slight overshoot it
approaches a steady state which as expected is the same with that
of case 1. From the steady state values of the Nu number shown in
Fig. 14, it can be argued that the ﬁnite size of the cell and the heater
geometry are not the reasons behind the experimental H values of

Fig. 11. Evolution of normalized temperature proﬁle on the equatorial plane of the
heater for case 5.

the present work. The computational results conﬁrm qualitatively
the existing correlations: there is no threshold Rayleigh number for
the water experiments and the Nu number (and correspondingly
H) should increase as Ra number increases for FC-72.
The dynamics of natural convection is very fast, actually the
time scale to reach what can be practically considered as steady
state is about 0.2 s. This fast time scale compared to the several
seconds time scale for conduction discussed in [4] is not only
due to the larger value of kinematic viscosity than thermal diffusivity but also due to the fact that natural convection is triggered by a
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Fig. 12. Velocity component in the direction of gravity on equatorial plane of the
heater vs. distance from the heater wall.
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Fig. 14. Evolution of the instantaneous Nusselt number for an instantaneous heat
pulse.

be found in [4]. The slow approach to the steady state is not due to
the thermal mass of the heater but to the slow penetration of heat
in the liquid, typical for conduction problems. After the approximate establishment of the 1st steady state the gravitational acceleration c starts to increase from 0 to 1.6 g and since the thermal
capacity of the heater is signiﬁcant the heater temperature evolution is dictated by the heat source intensity and the steady state
Nusselt number that corresponds to the instantaneous c value. Despite the understanding of the heater temperature dynamics, the
strange behavior of the steady state Nu found in the previous work
[4] is conﬁrmed here by the new experiments. In addition, the
present numerical calculations excluded some of the possible reasons suspected previously for this strange behavior. The explanation of the experimental results presented here remains an open
subject calling for new ideas.

5. Conclusion

Fig. 13. Proﬁle of normalized normal derivative of F at the surface of heater vs.
distance from the lower tip of the heater.

volumetric source (not a surface source as for conduction). This is
why the slow convergence to steady state dictated by the t1/2
behavior is avoided. The fast dynamic of the natural convection
found here implies that for a variation of c with characteristic time
of 1 s the velocity ﬁeld and temperature ﬁeld are adjusted practically instantaneously to this variation acquiring a series of steady
states.
Based on the above, the complete evolution of the heater temperature shown in Fig. 3 can be explained as follows: Initially heat
is generated in the heater with a temperature dependent rate. Detailed analysis of this period until convergence to steady state can

The analysis of the registered steady state temperatures of a
miniature heater in a liquid bath of ﬁnite size in conditions of zero
gravity (0 g) and hypergravity (1.6 g) developed during parabolic ﬂights revealed a strange behavior of the Nusselt number
(more speciﬁcally of the ratio between natural convection and conduction contributions to the Nusselt number). In particular, for
water a threshold Rayleigh number is deduced below which no
measurable effect of natural convection on heat transfer is observed. On the other hand, for FC-72 the experiments showed a relatively insensitive Nu with respect to Ra in the range Ra: 400–1000.
This paradox behavior cannot be explained in terms of existing correlations or numerical computations performed in the present
work but it is authentic based on the repeatability and consistency
of the present results. A possible source of the discrepancy between the existing knowledge and the present results is that for
the ﬁrst time natural convection is registered independently from
conduction by varying the gravitational acceleration. In other
words, the role of the gravitational acceleration in existing correlations and theories may need be revised.
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